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How to Perform Three One Sample T-Tests to Compare a Sample Mean to a Known Value

A one-sample t-test represents a fundamental pillar of inferential statistics, serving as a robust

tool for researchers who need to determine if a specific sample provides enough evidence to
conclude that the mean of a population differs from a predetermined or hypothesized value. In

many scientific inquiries, it is practically impossible to measure every single member of a
population; therefore, analysts rely on this test to make logical deductions based on a smaller,
manageable subset of data. By comparing the observed sample average against a known
standard or theoretical expectation, the test quantifies the probability that any observed difference
occurred purely by random chance. This statistical procedure is indispensable in various fields,
ranging from pharmaceutical development to economic forecasting, where precision and reliability
are paramount.

Consider three primary scenarios where a one-sample t-test proves its utility. First, in clinical

research, a scientist might test the effectiveness of a new medication by comparing the recovery

rate of a treated group against an established historical average for standard care. Second, in the
corporate world, a marketing executive might examine the impact of a new advertising campaign

by analyzing whether the mean sales figures post-launch significantly exceed the historical sales
benchmarks. Finally, a government researcher might investigate the average income of a specific
demographic, utilizing the test to see if that group's earnings deviate significantly from the national
average. Each of these instances highlights the test's ability to provide actionable insights from
empirical evidence.

One Sample T Test: Comprehensive Analysis and 3 Example Problems

In the realm of statistics, a one-sample t-test is employed to evaluate whether the mean of a

specific sample is statistically equivalent to a hypothesized population value. This test is
particularly valuable when the population standard deviation is unknown and the sample size is

relatively small, typically following a t-distribution. By examining the variance within the sample,
the test provides a measure of how much the sample mean fluctuates around the true population
center.

The following detailed examples illustrate the application and interpretation of the three primary
variations of the one-sample t-test:

Two-tailed one-sample t-test: Used when we wish to detect a difference in either direction
(greater than or less than).

Right-tailed one-sample t-test: Used when we specifically hypothesize that the sample mean is
significantly greater than the population mean.

Left-tailed one-sample t-test: Used when we specifically hypothesize that the sample mean is
significantly lower than the population mean.

By mastering these three approaches, analysts can tailor their hypothesis testing to the specific
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nuances of their research questions. Let's explore these through practical, step-by-step
applications.

Understanding the Logic of Statistical Significance

Before diving into the specific examples, it is essential to understand the underlying logic of the p-
value and the significance level. The significance level, often denoted as alpha (a), represents

the threshold for rejecting the null hypothesis. It is the probability of committing a Type | error,

which occurs when we conclude a difference exists when it actually does not. A common standard
in scientific research is a = 0.05, meaning there is a 5% risk of concluding that a difference exists
when there is no actual effect.

The p-value, on the other hand, is the actual probability calculated from the sample data. It
indicates how likely it is to observe the current results, or more extreme results, assuming the null
hypothesis is true. If the p-value is smaller than the alpha, the result is deemed statistically
significant. This framework allows researchers to move beyond simple observation and into the
territory of rigorous, data-driven decision-making.

Furthermore, the degrees of freedom play a critical role in determining the shape of the t-

distribution used for the test. For a one-sample t-test, the degrees of freedom are calculated as

the sample size (n) minus one. As the sample size increases, the t-distribution begins to more
closely resemble the normal distribution, reflecting the central limit theorem in action.

Example 1. Two-Tailed One Sample T-Test for Biological Research

Imagine a marine biologist studying a specific species of turtle. Previous literature suggests that
the healthy adult mean weight for this species is 310 pounds. The researcher wants to investigate
whether a specific isolated population of these turtles has a mean weight that differs from this
known value, perhaps due to environmental factors or diet. Because the researcher is interested in
whether the weight is either significantly higher or significantly lower, a two-tailed test is required.

To conduct this inquiry, the biologist will perform a one-sample t-test at a significance level of a

= 0.05. This means the biologist is willing to accept a 5% chance of being wrong when rejecting the
idea that the turtles weigh 310 pounds on average. The process follows a standardized
mathematical sequence to ensure the validity of the conclusion.

Step 1: Gather the sample data.

The researcher collects data from a random sample of turtles within the isolated habitat. The

following descriptive statistics are recorded:
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Sample size n = 40 turtles
Sample mean weight x? = 300 pounds
Sample standard deviation s = 18.5 pounds

Step 2: Define the hypotheses.

Every statistical test begins with a formal statement of expectations. The null hypothesis (HO) and

the alternative hypothesis (H1) for this two-tailed test are defined as follows:

HO: n = 310 (The population mean is equal to 310 pounds; there is no significant difference).
H1: n ? 310 (The population mean is not equal to 310 pounds; a significant difference exists).

Step 3: Calculate the test statistic t.

The t-statistic is calculated by taking the difference between the sample mean and the
hypothesized population mean, divided by the standard error of the mean. The formula is applied

as follows:
t=(x?-p)/(s/vn)=(300 - 310)/(18.5/V40) = -3.4187
Step 4. Calculate the p-value and draw a conclusion.

Utilizing the t-distribution table, we find that for t = -3.4187 and degrees of freedom = 39, the p-

value is approximately 0.00149. Since this p-value is considerably lower than the significance level
of 0.05, we reject the null hypothesis. The evidence suggests that the mean weight of this turtle
population is significantly different from 310 pounds, indicating potential environmental or genetic
divergence.

Example 2: Right-Tailed One Sample T-Test in Academic Assessment

In the field of education, standardized testing provides a benchmark for student performance.
Suppose a college administrator suspects that a new preparatory course has led to a mean exam
score that is higher than the long-standing national average of 82. Because the administrator is
only interested in whether the scores have improved (i.e., are greater than 82), a right-tailed test
is the appropriate choice. This directional hypothesis focuses specifically on the upper end of the
distribution.

The administrator decides to test this suspicion using a one-sample t-test at a significance level

of a = 0.05. This choice of alpha ensures that the conclusion reached is robust and that the
probability of a false positive is kept to a minimum. The following steps outline the rigorous
evaluation of the student data.

PSYCHOLOGICAL SCALES scales.arabpsychology.com



https://en.wikipedia.org/wiki/Standard_deviation
https://en.wikipedia.org/wiki/Null_hypothesis
https://en.wikipedia.org/wiki/Alternative_hypothesis
https://en.wikipedia.org/wiki/Standard_error
https://en.wikipedia.org/wiki/Student%27s_t-distribution
https://en.wikipedia.org/wiki/Degrees_of_freedom_(statistics)
https://en.wikipedia.org/wiki/P-value
https://en.wikipedia.org/wiki/P-value
https://en.wikipedia.org/wiki/Arithmetic_mean
https://en.wikipedia.org/wiki/Student%27s_t-test
https://en.wikipedia.org/wiki/Statistical_significance
https://scales.arabpsychology.com/?p=132759
https://scales.arabpsychology.com
https://scales.arabpsychology.com

How to Perform Three One Sample T-Tests to Compare a Sample Mean to a Known Value

Step 1: Gather the sample data.

The administrator selects a sample of students who completed the preparatory course and records
their scores:

Sample size n = 60 students
Sample mean x? = 84
Sample standard deviation s = 8.1

Step 2: Define the hypotheses.

For a right-tailed test, the null hypothesis covers all possibilities that are not the hypothesized

improvement:

HO: u < 82 (The mean score is less than or equal to the national average).
H1: u > 82 (The mean score is significantly greater than the national average).

Step 3: Calculate the test statistic t.

We calculate how many standard errors the sample mean is away from the population mean:

t=(xx?-Ww/(s/Vn)=(84-82)/(8.1/v60)=1.9125
Step 4: Calculate the p-value and draw a conclusion.

Consulting the t-distribution for t = 1.9125 and degrees of freedom = 59, we obtain a p-value of

0.0303. Because this p-value is less than a = 0.05, we have sufficient evidence to reject the null
hypothesis. We can confidently state that the mean exam score for students in the prep course is
statistically greater than 82, suggesting the course may be effective.

Example 3: Left-Tailed One Sample T-Test for Botanical Quality Control

In botanical research, the growth height of a plant species is often used as an indicator of soil
guality. If a researcher suspects that a particular species of plant is underperforming due to
nutrient-poor soil, they might hypothesize that the mean height is less than the established
standard of 10 inches. To verify this concern, a left-tailed test is employed, focusing exclusively
on whether the observed mean is significantly lower than the expected value.

By applying a one-sample t-test with a = 0.05, the researcher can determine if the observed

stunted growth is a statistically significant phenomenon or merely a result of natural variance

within the species. The scientific method ensures that the final determination is based on objective
data rather than anecdotal observation.
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Step 1: Gather the sample data.
A sample of plants is selected from the suspect area, and their heights are measured:

Sample size n = 25 plants
Sample mean x? = 9.5 inches
Sample standard deviation s = 3.5 inches

Step 2: Define the hypotheses.

The null hypothesis (HO) and alternative hypothesis (H1) for this left-tailed analysis are as

follows:

HO: p =10 (The mean height is at least 10 inches).
H1: p < 10 (The mean height is significantly less than 10 inches).

Step 3: Calculate the test statistic t.

The t-value is computed to determine the position of the sample mean within the distribution:
t=(x?-pW)/(s/vn)=(9.5-10)/(3.5/V25) = -0.7143

Step 4: Calculate the p-value and draw a conclusion.

According to the t-distribution for t =-0.7143 and degrees of freedom = 24, the resulting p-value

is 0.24097. In this case, the p-value is much larger than our significance level of 0.05. Therefore,
we fail to reject the null hypothesis. We do not have sufficient statistical evidence to conclude
that the mean height of these plants is significantly less than 10 inches; the observed difference
could easily be attributed to random chance.

Essential Assumptions of the One-Sample T-Test

While the one-sample t-test is a versatile tool, its validity relies on several key assumptions that

must be met. First and foremost is the assumption of independence; each observation in the
sample must be independent of every other observation. This is typically achieved through
random sampling techniques, which prevent selection bias and ensure that the sample is truly

representative of the broader population.

Another critical assumption is that the data should follow a normal distribution. This is especially

important when dealing with small sample sizes (generally n < 30). For larger samples, the central
limit theorem often mitigates minor violations of normality. Researchers often use visual tools like
Q-Q plots or formal tests like the Shapiro-Wilk test to verify this assumption before proceeding
with the t-test.
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Finally, the data must be measured on a continuous scale, such as an interval or ratio scale. The

t-test is not appropriate for categorical or ordinal data, where the concept of a mean may not be
mathematically meaningful. Ensuring these assumptions are satisfied is a prerequisite for any
credible statistical analysis, as it guarantees the reliability of the p-values and confidence

intervals produced.

Comparing the T-Test to Other Statistical Methods

It is often helpful to understand where the one-sample t-test fits within the broader ecosystem of

statistical methods. For example, the z-test is a similar procedure used to compare means, but it
requires that the population standard deviation is known. In practice, the population variance is

rarely known, making the t-test the more common choice in real-world applications. The t-test
accounts for the extra uncertainty involved in estimating the standard deviation from the sample.

When comparing the means of two independent groups, researchers move from the one-sample t-
test to the independent samples t-test. Alternatively, if the goal is to compare the means of more

than two groups, an Analysis of Variance (ANOVA) would be the appropriate tool. Each of these
methods builds upon the same logic of comparing signal (the difference between means) to noise
(the variability within the data).

Understanding these distinctions allows researchers to choose the most powerful and appropriate
test for their data. Using a one-sample t-test when a different test is required can lead to incorrect

conclusions, highlighting the importance of a strong foundation in experimental design and

statistical theory. By selecting the correct test, analysts ensure their findings are both valid and
reproducible.

Practical Applications and Final Thoughts

The versatility of the one-sample t-test extends into nearly every quantitative discipline. In

manufacturing, engineers use it for quality control to ensure that the dimensions of components

produced on an assembly line meet strict specifications. In finance, analysts might use it to
determine if the average return on a particular investment strategy significantly differs from a

market index benchmark. These applications demonstrate that the test is more than just a
theoretical exercise; it is a practical tool for verifying claims and making informed decisions.

As data becomes increasingly central to modern life, the ability to interpret statistical significance

becomes a vital skill. Whether you are evaluating the claims of a scientific paper or analyzing the

performance of a business project, the one-sample t-test provides a clear framework for
distinguishing real effects from random noise. By following the structured steps of hypothesis
definition, data collection, calculation, and interpretation, you can arrive at conclusions that are
backed by mathematical rigor.
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In conclusion, mastering the one-sample t-test equips you with the ability to challenge
assumptions and validate theories using empirical evidence. Whether you are conducting a two-
tailed, right-tailed, or left-tailed test, the process remains a gold standard in the scientific
community for statistical inference. As you continue your journey in data analysis, these tutorials
and examples will serve as a reliable guide for performing accurate and meaningful hypothesis

testing.
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