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How to Find the P-Value Using a Chi-Square Distribution Table

Determining the exact P-Value associated with a computed Chi-Square Distribution statistic is a

fundamental step in hypothesis testing. While modern statistical software provides the precise P-
value directly, understanding how to utilize the traditional Chi-Square distribution table remains
crucial for statistical literacy and interpretation. To effectively use this reference tool, one must first
accurately calculate the degrees of freedom (df) and the observed chi-square statistic (X2).

Subsequently, these metrics allow for the estimation of the P-Value, which represents the
probability that the observed differences in the data occurred purely by chance, assuming the initial
assumption (the null hypothesis) is true. This comprehensive guide will explore both the table-
based estimation method and the precise calculation method using digital tools.

Understanding the Role of the Chi-Square Distribution Table

The Chi-square distribution table is an invaluable resource in inferential statistics, serving primarily

to display the critical values associated with various probabilities and degrees of freedom. Unlike
tables that provide exact P-values, the Chi-Square table is generally structured to help researchers
determine whether an observed test statistic falls within the rejection region for a predetermined

significance level (alpha). Therefore, when utilizing this table, the primary inputs required are the
calculated degrees of freedom, which dictate the shape of the specific chi-square curve, and the
chosen alpha level, typically 0.05, which sets the threshold for rejecting the null hypothesis.

The distribution itself is asymmetric and positively skewed, characterized by the single parameter,
degrees of freedom (df). As the degrees of freedom increase, the Chi-Square distribution begins to
approximate a normal distribution, though it remains restricted to non-negative values. Because
the table provides discrete values--often corresponding to common alpha levels like 0.10, 0.05,
0.01, and sometimes 0.001--it allows for quick determination of the cut-off point separating non-
significant results from statistical significance. However, this structure inherently limits the table's

ability to provide the exact P-value for a calculated test statistic, only offering a range or an
estimation.

The Chi-Square distribution is foundational to several key statistical methodologies used across
various scientific disciplines. Its application extends far beyond simple probability calculation,
playing a central role in tests designed to evaluate categorical data relationships or measure the fit
of observed data to theoretical distributions. The tests most commonly reliant on the properties of
this distribution are integral for drawing robust conclusions from non-parametric data sets,
providing structure for researchers determining the extent of evidence against a specific
hypothesis. To properly utilize the table, only two key values are required:

A significance level (common choices are 0.01, 0.05, and 0.10).

Degrees of freedom.
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The Chi-Square distribution table is commonly used in the following statistical tests:

Chi-Square Test of Independence

Chi-Square Goodness of Fit Test

The Dual Approach to Hypothesis Testing

When conducting any form of Chi-Square test, the ultimate goal is to generate a test statistic,
denoted as $X”2$. This statistic summarizes how much the observed data deviates from what
would be expected under the terms of the null hypothesis (H?). Once $X"2$ is calculated, the

researcher must decide whether this deviation is large enough to be considered evidence of a real
effect, or if it is merely the result of random sampling variation. This decision process can be
carried out using two distinct, yet mathematically equivalent, methodologies, both relying on the
framework provided by the Chi-Square distribution.

The first methodology involves the comparison of the calculated test statistic ($X*2$) against a
pre-determined critical value. This critical value is retrieved directly from the Chi-Square distribution
table based on the chosen significance level ($alpha$) and the calculated degrees of freedom. If
the test statistic exceeds this critical threshold, it falls into the rejection region, prompting the
rejection of H?. This method is highly efficient when rapid assessment is needed and only confirms
whether the result is statistically significant at the specified alpha level.

The second methodology involves calculating the precise P-value corresponding to the test
statistic $X"2%$. This P-value is then compared directly to the chosen alpha level. If the P-value is
less than $alpha$, the result is deemed highly unlikely to have occurred by chance under H?,
leading to the rejection of the null hypothesis. This approach provides a more nuanced measure of

the evidence against H? than the critical value method, as the P-value itself quantifies the
probability of observing data as extreme as, or more extreme than, the current dataset.

Both approaches yield the same final decision regarding the acceptance or rejection of H?,
ensuring consistency in the interpretation of results. The choice between them often comes down
to the resources available and the depth of interpretation required. The critical value method
traditionally relies solely on the static distribution table, whereas the P-value method, especially
when seeking high precision, usually requires computational tools. When you conduct each of
these tests, you'll end up with a test statistic $X*2%$. To find out if this test statistic is statistically
significant at some alpha level, you have two options:

Compare the test statistic $X"2$ to a critical value from the Chi-square distribution table.
Compare the P-value of the test statistic $X"2$ to a chosen alpha level.
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lllustrative Example: Calculating and Interpreting Results

To solidify these concepts, let us consider a practical scenario derived from a theoretical Chi-
Square test, such as an experiment assessing the independence of two variables. Suppose our
analysis yields an observed test statistic, $X"2$, equal to 27.42, and the complexity of the data
structure results in 14 degrees of freedom. We would like to know if these results are statistical
significance, commonly set at an alpha level ($alpha$) of 0.05. We will now apply both established
methods to this specific result, verifying that they lead to identical conclusions regarding the
disposition of the null hypothesis.

This example assumes a standard one-tailed (right-tailed) evaluation, which is typical for Chi-
Square tests, where we are concerned only with deviations that increase the test statistic beyond
the expected range. The degrees of freedom (df = 14) define which row of the Chi-Square table we
must focus on. The magnitude of the $X"2$ value (27.42) suggests a relatively substantial

difference between the observed and expected frequencies, warranting a careful comparison
against the distribution thresholds established by the specified degrees of freedom.

Achieving significance means that the discrepancy observed is too great to be reasonably
attributed to random sampling error. We are essentially testing the boundary condition--the point at
which the probability curve dictates a result is rare enough to be considered a genuine effect. The
comparison methods outlined below formalize this intuitive judgment, providing a quantifiable basis
for statistical inference.

Method 1: Comparing the Test Statistic $X"2$ to a Critical Value

The first and historically traditional approach to evaluating the calculated test statistic ($X"2 =
27.42%) involves consulting the Chi-Square distribution table to find the corresponding critical
value. This critical value represents the boundary statistic that demarcates the rejection region. For
our example, we are specifically interested in the value aligning with a significance level of 0.05
and 14 degrees of freedom. Locating the intersection of the row for df=14 and the column for
$alpha=0.05$ reveals the critical threshold that must be surpassed for the results to be deemed
statistically significant.

Upon reviewing the standardized Chi-Square table, we find that the critical value for df=14 and
$alpha=0.05% is 23.685. This value signifies that if the null hypothesis were true, we would expect
to see a Chi-Square statistic greater than 23.685 only 5% of the time due to random chance. If our
calculated $X"2$ exceeds this benchmark, it implies that the observed data is sufficiently rare
under the assumption of H? to warrant its rejection.

In our case, the calculated test statistic $X"2$ (27.42) is unequivocally larger than the critical value
(23.685). This substantial difference indicates that our observed results fall squarely within the 5%
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rejection region defined by the chosen significance level. Consequently, we have gathered
sufficient evidence to formally reject the null hypothesis of our test. We have sufficient evidence
to say that our results are statistically significant at alpha level 0.05.

p
DF 0.995 0.975 0.2 0.1 0.05 0.025 0.02 0.01 0.005 0.002 0.001

1 .0004| .00016 1.642 2.706 3.841 5.024 5.412 6.635 7.879 9.55| 10.828

2 0.01| 0.0506 3.219 4.605 5.991 7.378 7.824 9.21| 10.587| 12.429| 13.816

3| 0.0717 0.216 4.642 6.251 7.815 9.348 9.837| 11.345| 12.838| 14.796| 16.266

4 0.207 0.484 5.989 1.779 9.488| 11.143( 11.663| 13.277 14.86| 16.924( 18.467

5 0.412 0.831 7.289 9.236 11.07] 12.833| 13.388| 15.086 16.75| 18.907| 20.515

] 0.676 1.237 8.558| 10.845| 12.592| 14.445| 15.033| 16.812| 18.548| 20.791| 22.458

7 0.989 1.69 9.803| 12.017| 14.067| 16.013| 16.622| 18.475| 20.278| 22.601| 24.322

8 1.344 2.18 11.03| 13.3e2| 15.507| 17.535| 18.168 20,09 21.955| 24.352| 26.124

9 1.735 2.7| 12.242| 14.684( 16.919| 19.023| 19.679| 21.666| 23.589| 26.056| 27.877

10 2.156 3.247| 13.442| 15.987| 18.307| 20.483| 21.161]| 23.209| 25.188| 27.722| 29.588

11 2.603 3.B16| 14.631| 17.275| 19.675 21.92| 22.618| 24.725| 26.757| 29.354| 31.264

12 3.074 4.404| 15.812| 18.549| 21.026| 23.337| 24.054] 26.217 28.3| 30.957| 32.909

13 3.565 5.009| 16.985| 19.812| 22.362| 24.736| 25.472] 127.688| 29.819| 32.535| 34.528

14 4.075 5.629| 18.151| 21.064| 23.685) 26.119| 26.873| 29.141| 31.319| 34.091| 36.123

15 4.601 6.262| 19.311| 22.307| 24.996| 27.488| 28.259| 50.578| 32.801| 35.628| 37.697

Method 2: Finding the Exact P-Value Using Computational Tools

While the critical value method is effective for hypothesis testing, researchers often prefer to report
the exact P-value as it offers a continuous measure of the strength of evidence against the null
hypothesis. The P-value corresponding to a test statistic of $X72 = 27.42$ and df = 14 must be
determined through a method more precise than linear interpolation within the static table. It is
crucial to understand that we cannot use the Chi-square distribution table to find the precise
P-value because it only provides us with critical values, not probabilities for continuous test
statistics.

To obtain the required precision, one must turn to computational resources, such as specialized

statistical software packages or an online Chi-Square Distribution Calculator. These tools leverage
the mathematical probability density function of the Chi-Square Distribution to calculate the exact

area in the tail corresponding to the observed test statistic. This area is the P-value.

Using a calculator requires specific inputs. We input our Degrees of Freedom (14) and the
calculated Chi-Square critical value (27.42). Depending on the calculator's design, it may return
the cumulative probability (the area to the left of $X*2$) or the P-value (the area to the right). It is
vital to understand which output the specific tool provides to ensure correct interpretation. In the
following example, the calculator provides the cumulative probability, which is the area under the
curve up to the point $X"2 = 27.423.
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The instructions for using such a tool often stipulate: Note: Fill in the values for "Degrees of
Freedom" and Chi-square critical value", but leave "cumulative probability” blank and click the
Calculate P-value" button. This ensures the calculator performs the necessary calculation to
determine the precise probability associated with the input test statistic.

Chi-Square Distribution Calculator

Degrees of freedom

14

Chi-square critical value (CV)

2742

Cumulative probability: P(X? < CV)

0.08303

CALCULATE P-VALUE

CALCULATE CHI-SQUARE CRITICAL VALUE

Calculating the Precise P-Value and Interpreting the Outcome

When the calculator processes the inputs (df=14, $X"2$=27.42), it returns a cumulative probability
(the area to the left) of 0.98303. Since the total area under the probability curve is 1, the P-value--
which represents the area in the upper tail (the probability of observing a result this extreme or
more extreme)--is calculated by subtracting the cumulative probability from one. The calculation is:
$1 - 0.983038%, yielding a precise P-value of 0.01697.

This result is immensely important because it directly quantifies the probability of witnessing our
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observed data (or more extreme data) if the null hypothesis were truly correct. We now compare
this calculated P-value (0.01697) directly against our predetermined alpha level ($alpha$) of 0.05.
The core rule of the P-value approach dictates that if the P-value is less than or equal to $alpha$,
we reject H?. Since the P-value (0.01697) is less than our alpha level of 0.05, we reject the null
hypothesis of our test. We have sufficient evidence to say that our results are statistically
significant at alpha level 0.05.

The P-value methodology provides the advantage of not only informing the decision to reject H?
but also indicating the degree of significance. If our significance level had been set more
conservatively (e.g., $alpha=0.01$), our P-value of 0.01697 would not have met that threshold, and
we would have failed to reject H?. This flexibility and precision are why P-values are often the
preferred metric in detailed statistical reporting, allowing for granular interpretation of the findings.

Summary: When to Use the Table vs. the Calculator

The decision of whether to rely on the static Chi-Square distribution table or a dynamic
computational tool depends entirely on the specific goal of the analysis. Both methods are valid
within the rigorous framework of statistical inference, but they serve different purposes and offer
varying levels of precision. Understanding these use cases ensures that researchers select the
most appropriate tool for their immediate analytical needs, optimizing efficiency without sacrificing
accuracy.

If you are interested in finding the Chi-square critical value for a given significance level and
degrees of freedom, then you should use the Chi-square Distribution Table. The table is best

suited for quick assessments that confirm whether a test statistic surpasses a standard threshold
for statistical significance.

Instead, if you have a given test statistic $X2$ and you simply want to know the precise P-value of
that test statistic, then you would need to use a Chi-Square Distribution Calculator to do so. This is

the recommended practice for obtaining the most accurate probability estimate for research
publication and detailed reporting.
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